
Contents

1 Examples of lagrangian singularities 13
1.1 Involutive ideals and generating families............................. 13
1.2 Open Swallowtails................................................................... 22
1.3 Conormal cones......................................................................... 29
1.4 Integrable systems.................................................................. 35
1.5 The /z/2-stratum...................................................................... 36
1.6 Further examples...................................................................... 45

1.6.1 Spectral covers of Frobenius manifolds................... 45
1.6.2 Special lagrangian singularities............................... 48

2 Lagrangian deformations 51
2.1 Real lagrangian submanifolds................................................ 51
2.2 Curve singularities.................................................................. 52
2.3 The lagrangian deformation functor ................................... 54

3 Lagrangian subvarieties 59
3.1 Lie algebroids............................................................................ 59

3.1.1 Lie algebroids and differential operators................. 60
3.1.2 Modules over Lie algebroids...................................... 63
3.1.3 The de Rham complex................................................ 65

3.2 The lagrangian Lie algebroid ................................................ 69
3.3 Applications to deformation theory...................................... 71

3.3.1 Infinitesimal deformations.......................................... 71
3.3.2 Obstructions................................................................ 74
3.3.3 Stability of families....................................................... 77

http://d-nb.info/967922046


3.3.4 Integrable systems..................................................... 80
3.4 Properties of the lagrangian de Rham complex................ 83

3.4.1 Constructibility and Coherence............................... 83
3.4.2 Freeness of the relative cohomology......................... 92

3.5 Computations............................................................................ 95

4 Isotropic Mappings 107
4.1 Generalities and basic examples...............................................107
4.2 Corank 1 mappings.....................................................................114
4.3 Symplectic and Lagrange stability .........................................119
4.4 Further computations and conjectures.................................. 124

A Deformation Theory 135
A.l Formal deformation theory ..................................................... 136

A. 1.1 Differential graded Lie algebras...................................136
A. 1.2 Categories fibred in groupoids and deformation func­

tors ....................................................................138
A. 1.3 Obstruction theory........................................................143
A.1.4 The functors MCl, Gl and DefL .............................148
A.l.5 The T1-lifting property.............................................. 152

A.2 Examples of controlling dg-Lie algebras..............................155
A.2.1 The Kodaira-Spencer algebra..................................... 156
A.2.2 Deformation of associative, commutative and Lie 

algebras............................................................. 159
A.2.3 The cotangent complex ............................................. 165

B Algebraic analysis 173
B.l The characteristic variety...................................................173
B.2 Holonomic Dx-modules.................................................... 177


